The article starts with definitions of sets of opposite and inverse numbers of a given number membered set. Next, collective addition, subtraction, multiplication and division of two sets are defined. Complex numbers cases and extended real numbers ones are introduced separately and unified for reals. Shortcuts for singletons cases are also defined.
Let us note that the functor F is involutive.
The following propositions are true:
Let F be an empty set. One can check that F is empty. Let F be an extended real-membered non empty set. Note that F is non empty.
{f, g} = {−f , −g}.
Let A be a complex-membered set. The functor A yields a complex-membered set and is defined as follows: (Def. 2) A = {−c : c ∈ A}. Let us note that the functor A is involutive.
Next we state two propositions: (11) a ∈ A iff −a ∈ A. (12) −a ∈ A iff a ∈ A.
Let A be an empty set. One can check that A is empty. Let A be a complex-membered non empty set. One can verify that A is non empty.
Let A be a real-membered set. One can check that A is real-membered. Let A be a rational-membered set. Note that A is rational-membered. Let A be an integer-membered set. Observe that A is integer-membered. Let A be a real-membered set and let F be an extended real-membered set. One can verify that A and F can be identified when A = F .
We now state several propositions: Let F be an extended real-membered set. The functor F −1 yields an extended real-membered set and is defined by: (Def. 3) F −1 = {w −1 : w ∈ F }.
Next we state the proposition (21) If f ∈ F, then f −1 ∈ F −1 .
Let F be an empty set. Note that F −1 is empty. Let F be an extended real-membered non empty set. One can check that F −1 is non empty.
Let A be a complex-membered set. The functor A −1 yields a complexmembered set and is defined as follows:
Let us notice that the functor A −1 is involutive. One can prove the following propositions:
Let A be an empty set. Observe that A −1 is empty. Let A be a complex-membered non empty set. Observe that A −1 is non empty.
Let A be a real-membered set. Note that A −1 is real-membered. Let A be a rational-membered set. One can verify that A −1 is rationalmembered.
Let A be a real-membered set and let F be an extended real-membered set. One can verify that A −1 and F −1 can be identified when A = F .
Next we state several propositions:
Let F , G be extended real-membered sets. The functor F ⊕ G is defined as follows:
Let us note that the functor F ⊕ G is commutative.
Next we state the proposition
Let F be an empty set and let G be an extended real-membered set. Observe that F ⊕ G is empty and G ⊕ F is empty.
Let F , G be extended real-membered non empty sets. One can check that F ⊕ G is non empty.
Let F , G be extended real-membered sets. Observe that F ⊕ G is extended real-membered.
Let A, B be complex-membered sets. The functor A ⊕ B is defined by:
Let us note that the functor A ⊕ B is commutative. Next we state the proposition (46) If a ∈ A and b ∈ B, then a + b ∈ A ⊕ B.
Let A be an empty set and let B be a complex-membered set. One can check that A ⊕ B is empty and B ⊕ A is empty.
Let A, B be complex-membered non empty sets. Note that A ⊕ B is non empty.
Let A, B be complex-membered sets. One can check that A ⊕ B is complexmembered.
Let A, B be real-membered sets. Observe that A ⊕ B is real-membered. Let A, B be rational-membered sets. Observe that A⊕B is rational-membered. Let A, B be integer-membered sets. One can verify that A ⊕ B is integermembered.
Let A, B be natural-membered sets. Observe that A⊕B is natural-membered.
Let A, B be real-membered sets and let F , G be extended real-membered sets. Observe that A ⊕ B and F ⊕ G can be identified when A = F and B = G.
We now state several propositions:
Let F , G be extended real-membered sets. The functor F G is defined by:
Next we state two propositions:
Let F be an empty set and let G be an extended real-membered set. Note that F G is empty and G F is empty.
Let F , G be extended real-membered non empty sets. Observe that F G is non empty.
Let F , G be extended real-membered sets. Note that F G is extended real-membered.
One can prove the following propositions:
Let A, B be complex-membered sets. The functor A B is defined by:
Let A be an empty set and let B be a complex-membered set. One can check that A B is empty and B A is empty.
Let A, B be complex-membered non empty sets. One can verify that A B is non empty.
Let A, B be complex-membered sets. One can verify that A B is complexmembered.
Let A, B be real-membered sets. Note that A B is real-membered. Let A, B be rational-membered sets. One can verify that A B is rationalmembered.
Let A, B be integer-membered sets. One can check that A B is integermembered.
Let A, B be real-membered sets and let F , G be extended real-membered sets. One can check that A B and F G can be identified when A = F and B = G.
Let F , G be extended real-membered sets. The functor F • G is defined as follows:
Let us observe that the functor F • G is commutative. Let F be an empty set and let G be an extended real-membered set. One can verify that F • G is empty and G • F is empty.
Let F , G be extended real-membered sets. Note that F • G is extended real-membered.
Let F , G be extended real-membered non empty sets. Observe that F • G is non empty.
Let A, B be complex-membered sets. The functor A • B is defined as follows:
Let us notice that the functor A • B is commutative. One can prove the following proposition
Let A be an empty set and let B be a complex-membered set. The following propositions are true:
Let F , G be extended real-membered sets. The functor F G is defined as follows:
We now state two propositions:
Let F be an empty set and let G be an extended real-membered set. One can verify that F G is empty and G F is empty.
Let F , G be extended real-membered non empty sets. One can verify that F G is non empty.
Let F , G be extended real-membered sets. One can verify that F G is extended real-membered.
Next we state a number of propositions:
Let A, B be complex-membered non empty sets. Note that A B is non empty.
Let A, B be complex-membered sets. Note that A B is complex-membered. Let A, B be real-membered sets. Observe that A B is real-membered. Let A, B be rational-membered sets. One can check that A B is rationalmembered.
We now state a number of propositions:
Let F be an extended real-membered set and let f be an extended real number. The functor f ⊕ F is defined as follows:
We now state three propositions:
(134) If e ∈ f ⊕ F, then there exists w such that e = f + w and w ∈ F.
Let F be an empty set and let f be an extended real number. One can check that f ⊕ F is empty.
Let F be an extended real-membered non empty set and let f be an extended real number. Observe that f ⊕ F is non empty.
Let F be an extended real-membered set and let f be an extended real number. One can check that f ⊕ F is extended real-membered.
Let A be a complex-membered set and let a be a complex number. The functor a ⊕ A is defined as follows:
(Def. 14) a ⊕ A = {a} ⊕ A.
We now state three propositions: Let A be an empty set and let a be a complex number. Observe that a ⊕ A is empty.
Let A be a complex-membered non empty set and let a be a complex number. Note that a ⊕ A is non empty.
Let A be a complex-membered set and let a be a complex number. Observe that a ⊕ A is complex-membered.
Let A be a real-membered set and let a be a real number. One can verify that a ⊕ A is real-membered.
Let A be a rational-membered set and let a be a rational number. Note that a ⊕ A is rational-membered.
Let A be an integer-membered set and let a be an integer number. One can verify that a ⊕ A is integer-membered.
Let A be a natural-membered set and let a be a natural number. Note that a ⊕ A is natural-membered.
Let A be a real-membered set, let F be an extended real-membered set, let a be a real number, and let f be an extended real number. Note that a ⊕ A and f ⊕ F can be identified when a = f and A = F .
Let F be an extended real-membered set and let f be an extended real number. The functor f F is defined by:
(154) If e ∈ f F, then there exists w such that e = f − w and w ∈ F.
Let F be an empty set and let f be an extended real number. One can check that f F is empty.
Let F be an extended real-membered non empty set and let f be an extended real number. One can verify that f F is non empty.
Let F be an extended real-membered set and let f be an extended real number. Observe that f F is extended real-membered.
Let A be a complex-membered set and let a be a complex number. The functor a A is defined as follows:
Next we state three propositions: Let A be an empty set and let a be a complex number. One can verify that a A is empty.
Let A be a complex-membered non empty set and let a be a complex number. Note that a A is non empty.
Let A be a complex-membered set and let a be a complex number. Note that a A is complex-membered.
Let A be a real-membered set and let a be a real number. Note that a A is real-membered.
Let A be a rational-membered set and let a be a rational number. Note that a A is rational-membered.
Let A be an integer-membered set and let a be an integer number. Observe that a A is integer-membered.
Let A be a real-membered set, let F be an extended real-membered set, let a be a real number, and let f be an extended real number. Observe that a A and f F can be identified when a = f and A = F .
Let F be an extended real-membered set and let f be an extended real number. The functor F f is defined as follows: (Def. 17) F f = F {f }.
One can prove the following three propositions:
(170) If e ∈ F f, then there exists w such that e = w − f and w ∈ F.
Let F be an empty set and let f be an extended real number. One can verify that F f is empty.
Let F be an extended real-membered non empty set and let f be an extended real number. Observe that F f is non empty.
Let F be an extended real-membered set and let f be an extended real number. Note that F f is extended real-membered.
Let A be a complex-membered set and let a be a complex number. The functor A a is defined by: (Def. 18) A a = A {a}.
Next we state three propositions:
(178) If e ∈ A a, then there exists c such that e = c − a and c ∈ A.
Let A be an empty set and let a be a complex number. Observe that A a is empty.
Let A be a complex-membered non empty set and let a be a complex number. Observe that A a is non empty.
Let A be a complex-membered set and let a be a complex number. Observe that A a is complex-membered.
Let A be a real-membered set and let a be a real number. Note that A a is real-membered.
Let A be a rational-membered set and let a be a rational number. Note that A a is rational-membered.
Let A be an integer-membered set and let a be an integer number. One can verify that A a is integer-membered.
Let A be a real-membered set, let F be an extended real-membered set, let a be a real number, and let f be an extended real number. One can verify that A a and F f can be identified when a = f and A = F .
Let F be an extended real-membered set and let f be an extended real number. The functor f • F is defined as follows:
The following three propositions are true:
Let F be an empty set and let f be an extended real number. Observe that f • F is empty.
Let F be an extended real-membered non empty set and let f be an extended real number. One can verify that f • F is non empty.
Let F be an extended real-membered set and let f be an extended real number. Note that f • F is extended real-membered.
One can prove the following four propositions:
Let A be a complex-membered set and let a be a complex number. The functor a • A is defined as follows:
We now state three propositions: Let A be an empty set and let a be a complex number. Note that a • A is empty.
Let A be a complex-membered non empty set and let a be a complex number. One can verify that a • A is non empty.
Let A be a complex-membered set and let a be a complex number. Note that a • A is complex-membered.
Let A be a real-membered set and let a be a real number. Note that a • A is real-membered.
Let A be a rational-membered set and let a be a rational number. Observe that a • A is rational-membered.
Let A be an integer-membered set and let a be an integer number. Note that a • A is integer-membered.
Let A be a natural-membered set and let a be a natural number. One can check that a • A is natural-membered.
Let A be a real-membered set, let F be an extended real-membered set, let a be a real number, and let f be an extended real number. Note that a • A and f • F can be identified when a = f and A = F .
We now state three propositions: Let F be an empty set and let f be an extended real number. Note that f F is empty.
Let A be a complex-membered set and let a be a complex number. The functor a A is defined by:
One can prove the following three propositions: Let A be an empty set and let a be a complex number. One can check that a A is empty.
Let A be a complex-membered set and let a be a complex number. One can check that a A is complex-membered.
Let A be a real-membered set and let a be a real number. One can check that a A is real-membered.
Let A be a rational-membered set and let a be a rational number. One can verify that a A is rational-membered.
The Let F be an empty set and let f be an extended real number. Note that F f is empty.
Let A be a complex-membered set and let a be a complex number. The functor A a is defined by: Let A be an empty set and let a be a complex number. Note that A a is empty.
Let A be a complex-membered non empty set and let a be a complex number. Note that A a is non empty.
Let A be a complex-membered set and let a be a complex number. One can check that A a is complex-membered.
Let A be a real-membered set and let a be a real number. One can check that A a is real-membered.
Let A be a rational-membered set and let a be a rational number. Observe that A a is rational-membered.
Let A be a real-membered set, let F be an extended real-membered set, let a be a real number, and let f be an extended real number. Note that A a and F f can be identified when a = f and A = F .
The following propositions are true: 
